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In classical logic no big deal
example Groups Z G center of G

WEZG Cl x y is shortcut for
Ux tzlxz zxl llx.gl
In continuous logic it is not always the
case that given any

formula Yo
the formula sup Lex y isx YG1 0

equivalent to really approximable by
an honest formula
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Only possible iff te Fifa Yaks
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almost near

Then call unset ol 4 a definableset
Equivalently Z 49 2147
Spectral gap and definability

Xn Ra set of PVMs in R ol length n
Want Xn M to be a definable subset

ol GM
Magic True and KPS proved it
themselves

Get s val y is effectively approximable

by universal sentences evaluated in R
Y to Halting Problem
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Cod Godelian Mutual CEP
There is no r e T2 Ty st all models
ol T embed in R

Cos Many counterexamples to CEP
Thee is a sequence Mo Mi ol separable
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and s t Mi 4 Mj for is j
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But Ant E 8 Timi so Mi Mnt Is

Adifferenthindolgame
Model theoretic forcing Henkin construction

building models by games Hodges book

C countable set ol constant symbols
2 playergame I belard Eloise

Play finite sets of conditions of the farm
I Ilp colly r l e e finite tuple franc
and p

e is a poly
These conditions must be simultaneously
satisfiable in some trucial vNa
It starts
Each player's play must extend the
previous player's play
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play for w many rounds

Assume the play is definite
for each plan e Ilp tell It should
be determined after the w rounds

the play of the game determines
a unique trucial Na for which
the subals generated by C is

dense Compiled structure

Def Given a property Pol trucial was
say P is enforceable if I has a

strategy so that if she plays according
to that strategy she can always
ensure that the compiled algebra has

property P



Conjunctiontemme If Pn new is a list
of enforceable properties so is A new Pn

trivialcenter

Example Being a factor is an enforceable

property let o be the sentence
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Farah Hart Sherman showed that
a trucial r Na is a factor iff on 0

By Conjunction lemma it suffices to show
for every n there is m s t

OCon Men Cm E

V plays some set TCCo Cal Whoo nah

This play is satisfiable insane trial
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But M embeds in a factor MEME
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on 0 Let Cutt witness the infra
F returns IT Co Ca uhOlen qCon Anke

Even enforce all factor

EB you can enforce a projection p
with Tlp It

data data
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evey

trucial rna

embeds in all factor


